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KIEN THU'C
. DAI SO
Hiéu va biét giai phuong trinh, h¢ phuong trinh bac nhét hai 4n.
Hiéu va van dung kién thirc vao gidi bai toan bang cach 1ap h¢ phuong trinh.
Biét giai phuong trinh dwa dugc vé phuong trinh bac nhat mot an.
Hiéu va biét van dung chimg minh bét dang thirc va giai bat phwong trinh.
Viét cac phép bién doi can thirc bac hai.
Biét van dung cac phép bién doi dé rat gon biéu thic chira can.
Hiéu thé nao 14 cin bac ba va biét van dung vao mot sb bai toan thuc té.
. HINH HQC
Viét ti s6 lugng gidc ctia goc nhon, mét sb hé thire giita canh, goc trong tam giac vudng.
Viét cong thuc tinh d6 dai cung tron, dién tich quat tron va hinh vanh khuyén.
Hiéu va biét vi tri twong ddi cua dudng thang va dudng tron.
Néu dau hiéu nhan biét tiép tuyén, tinh chat 2 tiép tuyén cat nhau.
. Hiéu va biét vi tri tuong d6i cta 2 dudng tron.
II BAI TAP
Dang 1. Giai phuong trinh, bat phuong trinh, hé phuong trinh.
Dang 2. Rut gon biéu thirc sd.
Dang 3. Rt gon biéu thirc va cac bai toan lién quan.
Dang 4. Giai bai toan bang cach 1ap phuong trinh, hé phuong trinh.
Dang 5. Bai toan thyc té
o S dung cong thure tinh do dai cung tron, dién tich quat tron va hinh vanh khuyén
vao giai bai toan thuc té.
Dang 6. Bai tap hinh hoc tong hop
o Chung minh bon diém thudc mot duodng tron.
« Ching minh céc hé thtc.
« Chtg minh tiép tuyén.
« Xéc dinh vi tri twong ddi ciia dudng thang va duong tron.
« Xac dinh vi tri twong d6i ciia 2 dudng tron.
III. MOT SO BAI TAP MINH HQA
Dang 1. Giai phuong trinh, bat phuong trinh, hé phuong trinh.
Bai 1. Giai cac phuong trinh sau:
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a)(x—3)(3x+2)=0 b) 2x(—x+3) =0
c) (x> +2025)(3—6x) =0 d) (x2=9)(-3x—2)=0
e)3x(x—6) +8(x—6) =0 N (2x—7)2-Bx+1)?=0

g) (x—5)(x+2) = x* — 5x h)x?—9—(x+3)3x+1)=0



Bai 2. Giai cac phuong trinh sau:
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Bai 3. Giai cac phuong trinh sau
a)Vx =3voix =0 b)x? =3
) Vx2 = 4 d)Vx+1++v9x+9 =38
Bai 4. Giai cac bat phuong trinh sau:
a)7x+20=>0 b) -5x+3<2x+5 ¢)3x—(64+2x) <3.(x+4)

d)3-2x-2E>0  93-5xFD<2x-7)  HVX<S

Bai 5. Giai cac h¢ phuong trinh sau:
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Dang 2. Rt gon biéu thirc sb.
Bai 6. Rut gon céac biéu thuc sau
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Bai 7. Rt gon céac biéu thirc sau

a) 2 +DRA4-2+1) b) A5 +1)7 =335Gf5 +1)
¢) 426+15V3 26153 d) 42041442 +320-1442

Dang 3. Rut gon biéu thirc va cac bai toan lién quan.

J_+1 2x 2+5Jx
Jx =2 J§+2 x—4

a) Rut gon biéu thirc 4. b) Tim x dé 4= %

Bai 8. Cho biéu thurc: 4= vol x> 0;x#4.




Bai 9. Cho biéu thirc A = Jx VélB—x_\/;+2+ 2 1 i x>0;x+4
3Wx+1 x-4  Jx+2 Jx-2
a) Tinh gid tri cua biéu thirc A khi x=25.
Jx
b) Chuing minh B=
) g Ny
c) Cho P=B: A. Tim x 1a s6 nguyén 16n nhat dé P < 2.
Bai 10. Cho hai bidu thirc: P=—-"> va Q= \/;_1+5\‘/__2 Vol x>0,x=4
Jx-2 Jx+2  x-4

a) Tinh gid tri ctia P khi x=9
b) Rut gon Q.

¢) Tim x dé g dat gia tri nho nhat.

! vaB= Jx +2\/;_24
Jx +8 Jx=3 x-9
a) Tinh gia tri ciia biéu thirc A khi x =25
\/;+8
\/;+3

¢) Tim x dé biéu thirc P= A.B c6 gia tri 1a sb nguyén.

.. L Jx+4 3Jx +1 2
Bai 12. Cho hai biéu thirc 4= va B= -
Jr-1 x+2Jx -3 Jx+3

a) Tinh gia tri ciia biéu thirc 4 khi x=9.

Bai 11. Cho biéu thirc A =

VOl x>0;x#9

b) Chirng minh B=

VOl x>0,x =1

, . 1
b) Chuing minh B =
) s Jx-1
. Re 2z sgoe 2 A
c) Tim tat ca cac gid tri cua x dé E2%+5
3/x x+d4 2

Bai 13. Cho biéu thirc 4= aB=

2 x4 Jx-2
a) Tinh gia tri ctia biéu thirc 4 khi x=9
Jx

\/; +2
Dang 4. Giai bai toan bang cach 1ap phuong trinh, hé phuong trinh, bat phuong trinh.

VOl x>0;x =4

b) Chiing minh: B =

Bai 14. Nguoi ta ding mét loai xe tai dé cho sita tuoi cho mot nha may. Biét mdi thung sira
loai 180 ml nang 10 kg. Theo khuyén nghi, trong tai cta xe (tirc 1a tong khdi lugng t6i da cho
phép ma xe c6 thé cho) 1a 5 tAn. Hoi xe c¢6 thé chd dugc t6i da bao nhiéu thung sita nhur vay?
Biét rang trén xe ngoai sita thi chi c6 bac l4i xe nang 68 kg.

Bai 15. Ban Mai lam mot bai thi Toan gém 30 cau hdi tric nghi¢m, mdi cau ding duoc
cong 4 diém, mdi cau sai b trir 1 diém, cAu nao khong lam thi khong bi trir cling khong
dugc cong diém. Ban Mai d4 1am 25 ciu va dat hon 82 diém. Hay cho biét ban Mai can tra
101 it nhét bao nhiéu cau hoi dang dé dat s6 diém nhu trén

Bai 16. Mot ngan hang dang ap dung lai suat tiét kiém ki han 12 thang 1a 5,3%/nam. Chi
Hoa du kién gui mot khoan tiét kiém vao ngan hang nay va can s6 tién 131 hang nam it nhat
l1a 78 triéu dong dé chi tiéu. Hoi sd tién chi Hoa can giri tiét kiém it nhat 1a bao nhiéu (lam
tron két qua trén triéu dong)?



Bai 17. Hai voi nudc ciing chay vao mot cai bé khong co nude thi trong 5 gid s& day bé. Néu
voi thir nhat chay trong 3 giod sau d6 khod lai va voi thir hai chay trong 4 gi¢ thi ca hai voi chay

2 2 e X Xe 1+ 1.5 Ap nd y A e AA. 1A
duogc 3 bé nude. Hoét néu moi voi chdy mdt minh thi trong bao 1au maéi day beé.

Bai 18. Bac Nam chia s tién 700 triéu déng ctia minh cho 2 khoan dau tu. Sau mot nam,
tong so tién lai thu duoc 1a 51 triéu dong. Lai suat cho khoan dau tu thir nhat 1a 6%/nam va
khoan dau tu thir hai 1a 9%/nam. Tinh so tién bac Nam dau tu cho moi khoan.

Bai 19. Hai 16p 9A va 9B cung tung h¢ sach vo cho cac ban vung li. Moi hoc sinh cua 16p
9A ung ho 4 quyen sach va 3 quyén vé. Mdi hoc sinh 16p 9B ung ho 3 quyen sach va 5
quyén vo. Tong sb sach quyén gop duoc cua hai 16p 1a 288 quyen, tong sb6 vé quyén gop
duoc cua hai 16p 14 326 quyén. Tinh sb hoc sinh cua mdi 16p?

Bai 20. Ba Minh dung s6 tién 5 ti dé mua hai manh dat. Hai ndm sau ba quyét dinh ban
hai manh dat d6 va duogc tong so tién 14i 1a 1ti 100 triéu. Manh dat thir nhat ba 13i 20% so
v6i lac mua, manh dat thi hai ba 13i 25% so véi lic mua. Tinh s6 tién ba Minh bo ra mua
mdi manh dat trén?

Bai 21. Tich cuc hudng ing phong trao nudi lon nhua chia sé “Tét yéu thuong” cac ban
hoc sinh Trudng THCS Lé Quy Pon da mo lon gop qily. Lién d6i di trich qiy dé mua qua
tang cac ban hoc sinh c6 hoan canh kho khan. Néu mua 27 bao gao va 15 thi qua tét thi hét
tong sd tién 7 950 000 dong, neu mua 25 bao gao va 17 tai qua tét cung loai thi hét tong sb
tién 8 450 000 dong. Tinh gia tién cia mdt bao gao, mot tai qua tét.

Dang 5. Bai toan thyc té

Bai 22. Mot chiéc quat gidy khi xoe ra c6 dang nira hinh
tron ban kinh 2,5dm nhu hinh v&. Tinh di¢n tich phan gidy
cta chiéc quat, biét rang khi gap lai, phan gidy c6 chiéu dai
1,6dm. (Lam tron két qua chinh xdc dén 0,005 ciia dm?)

Bai 23. Tai mot vong xoay ngi tu, ngudi ta can lam cac
bon trong hoa nhu zink 1. Em hay tinh phan dién tich cua
mot bon hoa & hinh 2 (phan dwoc t6 dam). Biét rang ban kinh cua vong tron lon 1a 8m,
ban k1nh cua Vong tron nho la 3m. (ket quda lam tron dén chir so thdp phdn thir nhdt)

Hinh 2

Bai 24. Mot bon hoa trong cong vién c¢6 dang hinh vanh khan (t6
dam nhu hinh v&) ngudi ta mudn trong hoa bén trong phan t6 dam.
Tinh dién tich phan trong hoa, biét rang ban kinh dudng tron 16n 1a
12m va ban kinh duong tron nho 1a 10m



Bai 25. Mot chiéc quat gidy khi mo hét muc ra ¢ goc o tam 1a 150°, ban kinh chiéc quat
30 c¢m va ban kinh phan nan quat khong dan gidy 1a 5 cm. Gia st khi dan gidy 1am quat,
nguoi ta phai dan di hai mat va phai du thém 10% dién tich gidy dé dan cac mép va lam
quat dep hon, hiy tinh dién tich gidy can thiét dé dan quat néi trén (Ldyz ~ 3,14 va két qua

lam tron dén hang phan tram).

Bt

Dang 6. Bai tap hinh hoc tong hop

Bai 26. Cho dudng tron tim O dudng kinh AB, hai dudng thang xx’, yy’ 1an luot 1a tiép
tuyén tai A, B ctia duong tron tim O. Mot tiép tuyén tht ba ctia duong tron tdm O tai diém
P (P khac A va B) cat duong thang xx’ tai diém M, cit dudng thing yy’ tai diém N.

a) Chting minh raing MN = MA + NB

b) Chimg minh bon diém A, M, P, O cung thudéc mot duong tron.

¢) Chtrng minh rang AB 1a tiép tuyén cta dudng tron dudng kinh MN.
Bai 27. Cho dudng tron (0) va diém 4 nam ngoai duong tron. Tir 4 ké cac tiép tuyén
AB, AC véi duong tron (0) (B, C 14 tiép diém). Goi giao diém cia 40 va BCla H.

a) Chirmmg minh 40 vudng goc v&i BCva 4.0H.AH = BC*.

b) K¢ duong kinh BDcua (0). Goi I 1a trung diém AH:; BI cit (0) tai E va catDC

kéo dai tai K. Chting minh t&r gidc BHKA 13 hinh binh hanh va D, H, E thang hang.
Bai 28. Tir diém M ¢ ngoai dudng tron O ké hai tiép tuyén MA, MB (A, B 1a céc tiép
diém). Biét AMB =60".

a) Tinh s do goc & tAm 40B.

b) Tinh sb do cung nhd AB va s6 do cung 16n AB.

¢) K¢ duong kinh BC ciia dudng tron O , MC ciat dudng tron O tai diém D (khac
C). Ching minh rang: MA*> = MC.MD.

Bai 29. Cho duong tron (0), cac ban kinh OA, OB. Trén cung AB nho lay diém M, N sao
cho AM = BN. Goi C 1a giao diém cia AM va BN. K& OD 1AM, (De AM),
OE 1 BN,(E e BN) . Lay I 1a trung diém ctia OC.

a) Chung minh: Cac diém O, D, C, E cung thudc mot dudng tron tam I.
b) Chitng minh: OD = OE.
c¢) Chuing minh: OC 1 4B



Bai 30. Cho duong tron (O;R) va diém 4 nam ngoai dudng tron (O). Tir A v& hai tiép
tuyén 4B va AC ciia dudng tron (O) (B,C 1a hai tiép diém). Goi H 1a giao diém cua OA4
va BC. Tt B vé& dudong kinh BD ciia (O), dudng thang AD cit (O) tai E (E khac D).

a) Ching minh bdn diém 4,B,C,0 ciung thudc mot duong tron. Xac dinh tim va
ban kinh cua duong tron do.

b) Chtng minh rang OA L BC tai H .

c¢) Chung minh OA4//CD

d) Khi OA4 = BD , hay tinh theo R dién tich hinh quat gidi han boi ban kinh OC, OD
va cung nho CD.

Bai 31. Cho dudng tron (O; R) vadiém M (OM > R). V& hai tiép tuyén MA, MB véi dudng
tron (0) (A, B 1a cac tiép diém). Noi OM cat doan thang AB tai diém H.

a) Chtrng minh bdn diém M, A, 0, B cung thudc mot dudng tron.

b) Chirng minh OM 1 AB va OH.OM = R’.
¢) V& duong kinh AC' cta dudng tron (0), duong thang vudng goc véi ACtai O

lan luot cat cdc duong thang BC' va MB theo thir tai cac diém K va N. Hai dudng thang
MK va OB cat nhau tai diem Q. Chung minh QN L MO.

6. Bai tap khuyén khich
Bai 1. Cho hinh hop chit nhat ABCD. A'B'C'D’ ¢6 do dai duong chéo AC = 3v/3. Goi S
la tong di¢n tich tat ca cac mat ctia hinh hdp chit nhat da cho. Tim gié tri 16n nhat cua S.
Bai 2. Cho x > 1. Tim GTNN cua biéu thirc 4 = 4x + x—il
Bai 3. Cho x, y duong thod man x + y < 6. Tim GTNN cia P = x +y+§+2y—4.
Bai 4. Cho a,b, c > 0 théa man ab + bc + ca = 1. Chtirng minh réng
Va2 +1+yb2+14++Jc2+1<2(a+b+c0)
Bai 5. Cho x, y, z 1 ba s6 duong thoa man x +y +z =3.

X y z
+ + <1
X+3x+yz  y+3y+xz  z+3z+x

Bai 6. Cho a,b,c 1a cac sb thuc duong va thoéa min a+b+c=3.

Chtng minh rang:

Chtng minh rang: —<—+ + >3
1+b6° 1+c 2

Bai 7. Vé6ia, b, c 1a cac s6 duong thoa man di€u kién a+b+c=2. Tim gia tri 16n nhat cua

biéu thitc O =~2a+bc +~2b+ca +2c+ab
Hoa Binh, ngay 04 thang 12 nam 2025
GIAO VIEN XAY DUNG
Pham Thi Thu Phwong



